The aim of this paper is studying the existence and uniqueness solution of integro-differential equations by using Successive approximations method of picard. The results of written program in Mat-Lab show that the method is very interested and efficient with comparison the exact solution for solving of integro-differential equation.
Introduction
Integro-differential equations has been arisen in many mathematical and engineering fields, so that solving this sort of problems are more effective and beneficial in many research branches [4, 6, 7 ] . Analytical solution of this type of equation is not accessible in general form of equation and we can only obtain an exact solution only in distinct cases. But in industrial problems we have not spatial cases so that we try to solve this kind of equations numerically in general format. Many numerical sketches are employed to give an approximate solution with sufficient accuracy [8, 9, 10, 11, 12] . 
Suppose that the vector functions ( , ) and ( ( , ) ( , )) are satisfying the following inequalities:
for each ∈ [0, ], , 1 , 2 ∈ , where and are positive constants and ‖ . ‖ = | . | . Now we define the non-empty set by:
The condition is less than unity, i. e. with 0 (0) = 0 , = 1,2,3, … .
Existences Solution of ( ).
The investigation of existence solution of the problem (P) will be introduced by the following theorem. 
Theorem 1. (Existence theorem). Let the functions
for all ∈ [0, ] and 0 ∈ , m=0,1,2,… .
Then, 2 ( ( , ( ))) ∈ , 0 ∈ , ∈ [0, ].
By mathematical indication, obtain that
That is
Then, ( ) ∈ , 0 ∈ , ∈ [0, ].
Next, we shall prove that the sequence of functions
∞ is convergent uniformly to the limit function ( ) on the interval [0, ], for each = 0,1,2, ….
By mathematical indication, we can prove that
for all m = 0,1,2, … , and 0 ∈ , 0 ≤ ≤ .
Thus by taking the summation two sides of the inequality (2.6) can be written as:
is a geometric series which is convergent on [0, ]. So ( ) is a solution of integro-differential equation ( ).
Uniqueness solution of ( ).
This section contains the uniqueness solution of
Integro-differential equations of ( ). For the initial condition (0) = 0.4,we made a Mat-Lab program to solve the integro-differential equations that contains the plot of family of solutions of problem ( ).
From the results, investigate that our approximation result is corresponding to the exact algebraic result. With programming simplicity we will get the following graphs for the successive approximations. 
